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Ghi cht: Hoc sinh sir dung céc bai tap trong gué’n “Huwréng dan on thi tét nghiép
pho thong” va cac bai tap dwdi day de 6n thi tot nghiép.

Phan I- ON TAP THEO CHUYEN DE

Chuyén @é1: UNG DUNG CUA PAO HAM
Bai 1. Chitng minh cac dang thuac sau:
1. Choham sé y = x.e™*. Chang minh rang: x.y'= (1—x).y

2. Chohamsb y= Inﬁ. Chang minh rang: x.y'=e’ -1

XZ

Choham sé y=x.e 2.Chang minh rang: x.y'= (1- x2)y
Chohamsb y= ;. Chang minh rang: x.y'= y(yInx—1)
1+ x+Inx

Cho ham sb y = (x+1)e*. Ching minh rang: y'—y =e*

Cho ham s6 y = e *sin x. Chiing minh rang: y"'+2y+2y =0

Cho ham sb y =e™. Chang minh rang: y'.cosx — y.sin x—y*'=0

Cho ham s y =sin(In x) +cos(In x) . Ching minh rang: y + xy'+x%y""'=0

© OoNoO A~ W

Choham s6 f(x) = x®Inx. Giai phuong trinh f'(x)—% f(x)=0

10. Chohamsd f(x)=e *(x2+3x+1). Giai phuong trinh f*(x)=2f(x)
11. Chohamsé f(x)=e?" +2.e"?* + 7x—5. Giai phuong trinh f*(x)=0
Bai 2. Tim tap céc gia tri thuc ctia tham sé m dé cac ham sb sau.

1. y:%x3+(m+1)x2+(5m—l)x—m ddng bién trén R.

2. y=x>+3(Mm-1)x2+3(5m—-11)x dong bién trén R.

3. y:—%x?’+(2m+1)x2—(3m+6)x—m2 nghich bién trén R.
4. y=(m-2)x®=(m+3)x%+(m+3)x—1 nghich bién trén R.

5. y= 2mX41'1 ddng bién trén mdi khoang xac dinh.

_ X+3m
x-1
Bai 3. Tim tap gia tri thyc ctia tham so m dé cac ham so sau:

6. y nghich bién trén mdi khoang xac dinh.

1. y:%x3+(2m—l)x2 —(4m—=1)x - 3 dat cyc dai tai diém x=1.
y=x3=3(2m—-1)x? +3(4m - 3)x -1 dat cyc dai tai diém x=1.

y:%x?’ +(M+1)x%=(6m—1)x —m dat cuc tiéu tai diém x =-3.

W DN

y=x%—3mx%+3(6m+7)x—5m dat cyc tiéu tai diém x =-3.
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5. y:—%x3+(3m+l)x2+4(m2 +1)x—m dat cyc tiéu tai diém x=1.

6. y=x>—3(Bm-2)x2—3(4m?—8m+5)x—2m dat cuc dai tai diém x=1.
Bai 4. Chang minh rang ham s6 y = x° +3(m-1)x? = 3x+2m lubn c6 cuc dai va cuc tiéu véi
moi gia tri ctia tham s6 thuc m.
Bai5. Choham sd y=x*-2mx?+2m+m* . Tim tap cac gia tri ctia tham s m dé ham s c6
ba cuc tri.

‘. R £ 1 K R S £ 213 A 1.
Bai 6. Chohamso y= §X4 - mx? +o Tim tap cac gia tri ciia tham s6 m dé ham so chi c6

cuc tiéu ma khong cé cuc dai.

Bai7. Chohamss y=x*-2mx?+1 (1) cédothila (C, ). Tim tdp céc gia tri ciia tham
s6 thwe m d@é ham sé (1) ¢6 ba cuc tri sao cho ba diém cuc tri dé tao thanh mét tam
giac nhgn géc tea dé lam treng tam.

Bai 8. Chohamsé f(x)=x*+2(m—-2)x*+m?-5m+5 (1) c6 do thila (C, ). Tim tdp cac
gia tri thurc ciia tham sé thuc m dé (C_) cé cdc diém cuwe dai, cuc tiéu tgo thanh tam
giac vuong can. o ’

Bai 9. Tim gia tri I6n nhat va gia tri nho nhat (néu co6) cia cdc ham so sau

y=x3=3x2-9x+15 trén [-3;4].

y:%x3—2x2+3x+% trén [—2;2].

y=3x"-4x®-12x? trén (-1;2].

2X —

1
2
3. y=x'—2x*+1trén [-1;2].
4
1 s :
5 y="1 trén doan [0;2].

X2+ 2X+2
B x+1
7. y=3+/4-x°
8. f(x)=e*(x?=x~-1) trén doan [0;3]
9. y=x+v9-x>.
10. y=x/9-x?.
11. y=(x+1)e* trén [—3;0].
12. y=x-e* trén [-1;0].
13. y=cos2x+2sinx+1.
14. f(x)=x?—In(1-2x) trén doan [-2;0]
Bai 10. Trong cac hinh chit nhat c6 chu vi béng 20cm, tim hinh chir nhat cé dién tich 16n nhat.
X—m?+m

Bai 11. Tim céc gia tri ctia tham s m dé gié tri nho nhat ciia ham s6 f(x) = 1 trén
X+

trén doan [0 ; 4] .

doan [0;1] bang -2.
Bai 12. Tim gia tri 16n nhét, nhé nhat cia ham s6 y = e~ trén doan [0; 3]
Bai 13. Tim gia tri 16n nhat, nho nhat caa ham s§ y = In(2x+1)— x trén doan [0;1]
Bai 14. Tim gia tri I6n nhat, nho nhat caa ham sé f(x) = (x? —2x).e* trén [ 0;3 ]

Bai 15. Tim gia tri lén nhdt, nhé nhdt ciia ham sé y =sin® x +cos® x trén [O;%}
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Chuyén d@é 2: HAM SO VA CAC CAU HOI LIEN QUAN
Bai 1. Chohamsd y=x®—-3x?—-9x (1) c6 d6 thi (C)
1. Khao sét va v& d6 thi (C) cua ham s6 (1).
2. Viét phuong trinh tiép tuyén cua (C) biet
a) Tlep tuyen do tlep xuc véi (C) tai diém c6 hoanh d6 x=1.

b) Tlep tuyen do tlep xtc véi (C) tai giao diém cua (C) véi tryc tung.
¢) Tiép tuyén d6 tiép xdc véi (C) tai diém co tung d6 y=7.
d) Tiép tuyén d6 tiép xuc vai (C) tai giao diém cua (C) véi duong thang d : y =7x.
e) Tiép tuyén d6 song song voi duong thang d : y =-9x
f) Tiép tuyén d6 vudng goc véi d :4x—21y =0
g) Tiép tuyén d6 di qua A(1;—11)
3. Duya vao d6 thi (C) bién luan theo tham sé thuc m s nghiém thuc ciia phuong trinh
x*—3x*-9x-m+1=0. 7
4. Tinh di¢n tich hinh phang gidi han bagi (C) va truc Ox, va cac duong thang x=-1, x=3.
5. Tim tap gid trj thuc cua tham s6 m dé 7
a) Puongthang d, : y=mx cat (C) tai ba diém phan biét.
b) Puong thang A :y=m(x—1)—11 cat (C) tai ba diém phan biét.
6. Charng minh rdng do thi (C) nhdn diém uén lam tam doi xing.

Bai 2. Cho ham sé y= -%xs -gxz ~1 (1) ¢6 d thi (C)

1. Khao sét va v& d6 thi (C) cua ham s6 (1).
2. Viét phuong trinh tiép tuyén cua (C) biet
a) Tlep tuyen do tlep xuc véi (C) tai diém c6 hoanh do x=1.
b) Tlep tuyen do tlep xUc véi (C) tai giao diém cua (C) véi truc tung.
c) Tiép tuyén d6 tiép xtc vai (C) tai diém co tung do y=—1
d) Tiép tuyén d6 song song véi duong thang d :5x—4y+2=0
e) Tiép tuyén d6 song song véi duong thang A:2x—y+1=0
f) Tiép tuyén d6 vudbng goc véi d, :4x—7y+14=0
g) Tiép tuyén d6 di qua A4;-1)
3. Duya vao (C) bién luan theo tham sé thuc m s nghiém thuc ciia phurong trinh
2x°4+9x°=m.
4. Tinh dién tich hinh phang gigi han boi (C) va duong thang d, :y=-
5. Tim tap gia tri thuc ciia tham sé m dé
a) Puongthang d_ :y=mx—1 cat (C) tai ba diém phan biét.

b) Puong thing A, :y = m(x+1)—% cit (C) tai ba diém phan bigt.
6. Charng minh rdang dé thi (C) nhgn diém uén lam tam doi xieng
Bai 3. Chohamsé y= % x® —4x%+6x+m—1 (1) c6 d6 thi (Cp) (M 1a tham s thuc).

1. Khao sat va vé do thi (C) cua ham s (1) voi m=1.
2. Viét phuong trinh tiép tuyén cua (C) biét
a) Tiép tuyén do tiép xdc véi (C) tai diém c6 hoanh @6 x=1.
b) Tiép tuyén do tiép xuc véi (C) tai giao diém cua (C) véi tryc tung.

¢) Tiép tuyén d6 tiép xdc véi (C) tai diém c6 tung do y = g
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d) Tiép tuyén do tiép xtic véi (C) tai giao diém cua (C) véi (P):y= -% X2 46X .

e) Tiép tuyén d6 song song véi duong thang d, : y =16x
f) Tiép tuyén d6 song song voi duong thang d, :5x—2y—1=0
g) Tiép tuyén d6 vubng goc véi d, : 2x +21y =0
h) Tiép tuyén d6 di qua 0(0;0)
3. Dya vao d6 thi (C) bién luan theo tham sé thuc k s nghiém thuc cua phwong trinh.
x*—6x*+4x-k=0 o
4. Tim tap gia tri thuc cua tham s6 k dé 7
a) Puongthang d, : y=kx cat (C) tai ba diem phéan biét.

b) Puong thing 4, : y = k(x—1)+g cit (C) tai ba diém phan bigt.

o

Chiing minh rang dé thi (C) nhdn diém uén lam tim déi xing.

Tim tap gia tri cuia tham sé m dé (C,) cdt OX tai 3 diém phan biét .

Bal 4. Cho ham s y= f(x)=2x*-3x2+1 (1) c6 do thi Ia (C).

1. Khao sét va v& d6 thi (C) cua ham s6 (1).

2. Viét phuong trinh tiép tuyén cua (C) tai diém c6 hoanh do x,, biét rang f'*(x,)=-18
3. Tim diém M e (C) sao cho tiép tuyén cia (C) tai M c6 hé s6 goc nho nhat.

4. Bién luan theo tam s6 m s6 nghiém cta phuong trinh 2x°—=3x2—m=0

Bai 5. Chohamsé y= f(x)=x*-8x2 (1) c6 do thi (C).

1. Khao sat va v& d6 thi (C) ctia ham sé (1).

2. Viét phuong trinh tiépqtuyén cua (C) tai giao diém cua (C) vé6i OX.

3. Tinh di¢n tich hinh phang gidi han bai (C) va truc Ox

4, Bién luan theo tam s6 m sé nghiém cua phuong trinh x* —8x2—m=0

5, Viét phuong trinh tiép tuyén ciia (C) tai diém c6 hoanh d6 x,, biét rang f''(x,)=—4

»

Bai 6. Cho ham sé y=% (1) c6 db thi (C).

1. Khao sét va v& d6 thi (C) cua ham s6 (1).
2. Viét phuong trinh tiép tuyén cua (C) biét
a) Tiép tuyén do tiép xdc véi (C) tai diém c6 hoanh @6 x=1.
b) Tiép tuyén do tiép xuc véi (C) tai giao diém cua (C) véi tryc tung.
c) Tiép tuyén do tiép xdc véi (C) tai giao diém cua (C) véi truc hoanh.
d) Tiép tuyén d6 tiép xdc véi (C) tai diém c6 tung do y=5.
e) Tiép tuyén do tiép xudc véi (C) tai giao diém cua (C) v6i duong thang d : y=—x+3.
f) Tiép tuyén d6 song song voi duong thang d, : y =3x

g) Tiép tuyén d6 co hé sb goc bang %

h) Tiép tuyén d6 vudng goc vai d, :3x+4y—3=0
i) Tiép tuyén do di qua giao diém hai dwong tiém cdn cia (C).
Tinh dién tich hinh phang gioi han bei (C) truc OX, Oy va duong thang x=1.
4. Tim tap gié tri thyc cua tham s6 m dé 7
a) Puongthang d_ :y=2x+m cat (C) tai hai diém phan biét.
b) Puong thang A :y=m(x+1)+2 cat (C) tai hai diém phan biét, khi d6 ching minh
cAc tiép tuyén tai Cac giao diém song song véi nhau. ]
5. Charng minh rang do thi (C) nhgn giao diem ciia hai dwong tiém c@n lam tim doi xang.

w
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. . X 2Xx-3 LA .
Bai 7. Chohamso y= Ty (1) co do thi (C).

Khao sét va vé& d6 thi (C) cua ham sé (1).
Viét phurong trinh tiép tuyén cua (C) biét
a) Tiép tuyén do tiép xuc véi (C) tai diém c6 hoanh d6 x =-1.
b) Tiép tuyén do tiép xuc véi (C) tai giao diém cua (C) véi tryc tung.
) Tiép tuyén do tiép xdc véi (C) tai giao diém cua (C) véi truc hoanh.
d) Tiép tuyén d6 tiép xuc véi (C) tai diém c6 tung do y=1.
e) Tiép tuyén do tiép xtc vai (C) tai giao diém cua (C) voi duong thang y = -3-2x.
f) Tiép tuyén d6 song song vai duong thang d : y = —4x
g) Tiép tuyén d6 song song voi duong thang d : x+4y—1=0
h) Tiép tuyén d6 vudbng goc véi d :9x—4y—3=0
i) Tiép tuyén do di qua giao diém hai dwong tiém can ciia (C).
Tinh dién tich hinh phang gigi han béi (C) truc Ox, Oy va duong thang x =-1.
4. Tim tap gié tri thyc cua tham s6 m dé
a) Puongthang d_ :y=-x+m cat (C) tai hai diém phan biét.
b) Puong thang A_ :y=mx cat (C) tai hai diém phan biét, khi d6 tim tap gid tri ciia m dé
Cac tiép tuyén tai cac giao diém song song véi nhau.
5. Chang minh rdang do thi (C) nhgn giao diém ciia hai dwong tiém can lam tim déi xing.

N =

w

Bai 8. Cho ham s y:%x3 —mx?—x+ m+§ (1) c6 do thila (C,).
a, Khao sét sy bién thién va v& do thi cua ham s6 tng voi m=0. ]
b, Tim tdp cac gia tri ciia tham so thuc m dé do thi (C,,) cat truc OX tai ba diém phan
bigt cO hoanh dj x,, x,, x, théaman x? + xZ + x’ >15
Bai 9. Cho ham s y = x* —gmx2 +%m3 (1) c6 d6 thila (C,).
a, Khao sét sy bién thién va v& do thi cua ham s6 tng voi m=2. ]
b, Tim tdp cac gid tri ciia tham so thutc m dé do thi (C ) cat dwong thang y= x tai ba
diém phan biét A, B, C sao cho AB=BC.
Bai 10. Cho ham s6 y=-x°+3x-2 (1)
a, Khao sat su bién thién va v& do thi ham sé (1).
b, Bién luan theo tham sb thuc m s6 nghiém ciia phuong trinh x° —=3x +2+log, m =0
Bai 11. Cho ham sb: y = x® —3(m+1)x*+9x+m—2 (1) co6 do thila (C,)
a, Khao sat va v& do thi ham s6 (1) véi m=1. ] o
b, Xdc dinh m dé (C ) cO cuwc dai, cuc tiéu va hai diém cuc dai cuc tiéu doi xirng Voi
nhau qua dwong. d : x—2y=0
Bai 12. Cho ham s y=2x®-9x*+12x-4 (1)
a, Khao sét sy bién thién va vé do thi ham sé (1).
b, Tim m dé phuwong trinh | 2x%|—9x° +12x|=m c6 6 nghi¢m phan bigt.
Bai 13. Choham s6 y=x*=3x+2 (1)
a, Khao sét sy bién thién va vé do thi ham sé (1).
b, Goi d |a dwong thing di qua diém A(3;20) vacohésé gécla m. Tim m dé d cit
do thi ham soé tai ba diém phan biét.
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Chuyén d@é¢ 3. PHUONG TRINH, BPT MU
Bai 1: Giai cac phuong trinh sau

2_gy 2
11 2x2—x+8 — 41-3x 21 2 x5 — 16\/5
—-X X+5 x+1
3, 0125477 = (gj 4, 325 =0,125.128*1
5, 2" +2°1 42" 2 =3 -3 43 6, 23152 =12
Bai 2: Giai cac phuong trinh sau.
x-3 X+1
1, (5-2f" =(5+2)” 2, (V10+3)-t =(Vi0-3)
3, (2443) = (2-3)"" 4, (r+av3)" = (-3 ™
51 (7_4\/§)I—SX — (2+\/§)2x—5 6, (9+4\/§)x—2 — (\/§_2)6—x
Bai 4: Giai cic phuong trinh sau:
1, 99-23*-3=0 2, 37" =243"
3, 91 -363"%+3=0 4, 4*-6.2*?+32=0
X X 1
5, ¥9*—-3*2=3*_9 6, (%) —(%) = 42"
Bai 5: Giai cac phuong trinh sau:
1, 5% +5%% =26 2, (25)-2(0,4)"" +16=0
3, 34327 =30 4, 3% +37" —4=0
5, 10" —10"" =99 6, 2" 442 =6
Bai 6: Giai cac phuong trinh sau:
1, (5++24) +(5-+24)" =10 2, (a+418)"" +(a-V15)™" = 62
3, (%/3-\/5) +(3 3+J§) =6 4, (3+2v2)" +(3-2v2)" =6
5, (2+ \/§)X o +(2+ \/§)X B ﬁ 6, (3+ \/g)x +7.(3—\/§)X =2x
Bai 7: Giai cac phuong trinh sau:
1 1 1
1, 34"-26"=9" 2, 49* —35% =25«
3, 6.9-13.6*+6.4*=0 4, 4% =214 +3.49"
5 8*+18* =2.27* 6, 125 +50% =2%*
1 1 1
7, 6.9%-136*+6.4x=0 8, 27" +12* =2.8"
Bai 8. Giai cac phuong trinh sau:
1, 2¥4 = 5x? 2, 87 =43
x2—x-12
31 2 2 — 3x+3 41 Xlogz X+4 — 32
L X
5, 5%.27* =1}25 6, 25*.2'x =10
Bai 9. Giai cac bat phuong trinh sau:
11 25)( <6.5X—5 21 2x+2_2x+3_2x+4>5x+l_5x+2
2(x=2)
3, 4*'-16* <2log,8 4, 4*-2%N 48 3 552
1 2X+3 1 1 1
5, 22“1—21.(5) +2>0 6, 9.4 *+5.6 *<4.9 *
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Chuyén dé 4. PHUONG TRINH, BATPT LO GARIT

Bai 1. Giai cc phuong trinh va bat phuong trinh

1. logx +log x* = log 9x 2. logx* +log4x=2+logx®
3. Iog4(x+3)(x+2)+log4§;§:2 4. log ; (x—2)logs x = 2log,(x - 2)
_+_
5. log, (x—1)>-2 6. log,(x—3)+log,(x—5)<1
3
Bai 2. Giai céc phuong trinh va bat phuong trinh
1. log? x—5log, x<—6 2. logi x—log, x—6<0
5 5 5 5
1 2
: + <1 4. 4log, x—33log,4<1
5-logx 1+logx
5. 2log} x +5log; x+log, x—2>0 6. In°x—3In’x-4Inx+12=0
Bai 3. Giai cac phuong trinh va bat phuong trinh
1. log,(2x* +3x-2)=1 2. log, (2x* +x-1)2-1
2
3. log,(2x+1)+log,(x+4)=2 4. log, (x+2)+log,(3x+2)=1
2

5. log,(3x+2)—2log,(7x+8)<-2 6. log,(1+2x)> 2log,(4x*—x)
Bai 4. Giai cc phuong trinh va bat phuong trinh

4dx+4
1 >
2 2x+1
4. log,v3x—2+log,(5x - 2)3 =2

2

1. log ;(3x*+4x+1)=6 2. log

3Xx—3
3Xx-5

5. Iogﬁ\/6+x—logz(x2+2x—4)£1 6. Iogz[log (log, x)}>0

1
3

3. 4log,s(2x—-1)>log,

Bai 5. Giai cc phuong trinh va bat phuong trinh
1. |095(3X+1)2=2 2. Iogl(x2+4x+4)2—1

2

3. log,(3x+1)" +log, (3—x)=1 4. logy(x—3)" ~log,, (1-3x)’ >1

2

5. %Iogz(5+x)2+log1 2X*+Xx =2 6. log’; x—log, x —3log, x < -2

2 2
Bai 6. Giai cc phuong trinh va bat phuong trinh
1. 2Iog3x+logﬁx+loglx:9 2. Iogzﬁx—Slogzx—loglx:Z

3 2
log(1+ x
3. 9(1+x) _ L 4. 4logi(3x2+x)—3|ogz(3x2+x)+2:0
2 3log(1+x)-1

5. Iog3(3x—1)Iog3(3x+1—3):6. 6. 2log, x+2log ; x+1og, X <5

3
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Chuyén ¢é¢ 5. NGUYEN HAM VA TiCH PHAN

Bai 1. Tim ho cac nguyén ham

1.I(x3—sin2x+e 2 jdx
X CO0S*X
2. | 2x\/§+COSZX—2X_1+sm3xjdx
1 )
N —=+2"-
3 I x\/—+ 2x—1+33m3x+00322xjdx
1
4. 3 —3><
I \/_+1 2X sm23x jdx
Bai 2. Tim c&c nguyén ham
1. sz_ldx 2. I4X_3dx
X+3 1-2x
x? x3
) 4.
3 J-x—ldx J-x+1dx
1
5'J.xz—ldx 0 J.x2—3x+2dx
7 _[ (2x-1) dx 8 IXZ(S—X) dx
9. I 2X- 1 10. _[x\/x—ldx
x+3
11. [(2x~1)/x+ 2dx 12, sz 3
\/x+
13. | x3/x +1dx 14. dx
s I
15. jx3\/x2 +1dx 16. J.x3(x2 +1)5 dx
X3
17. jx2+1dx 18. [V2-x*dx
1
_ 2
19. [V4—x"dx 20. jx2+1dx
1 1
21. d 22.
J.x2+3 X J-1+ x—ldx
23. j;dx 24.]' ©  dx
2—+x-1 e’ +1
25. J-Inx 26. jeX\/eX —1dx
27. Ixstxdx 28. Ixcosxdx
29. Ixe“dx 30. _[xln xdx
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Bai 3. Tinh cac tich phéan

0

1. j 2x+1)dx
1
E

3. J.x\/x—de
5
3

5, [,
s VX+1
1

7. I 2X_13 dx
o (x+1)

%o

12.

14.

16.

ot—.i ot—.i o

D

>

N4 —

D

>

|

[N

~—
o

o

>

18.

21.

23 Iln x\/l:x—l

NG
26. j 4 — x*dx
0

28. I(ZX —1)sin xdx

0

30. jxsin ldx
2

1
32. [(4x+3)e"dx

—x

2. j\/4 — xdx
0

.b

- |(2x+1)+v/2x —3dx

| (x +1)(x—2)4dx

N

o

»
Ol N W N Wy N

)4dx

>
—
>
_+_
-

11. Jl'x433dx
0 (X2 + 4)
NE] 3

[

In2 _2x
15. jﬂdx

0 (e +1)

In5
17. j e?*\e* —4dx

In4

13. dx

19. Ldx
> XInx

2
% 1In* x

X
X

22.

e

1
24, j\/Z— x%dx
1

27 (L g
'£x2+4 X

X C0S 3xdx

xe *dx

%
2. |
0
1
I 3><dX
0
1
3. [xe
0
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Chuyén dé 6. UNG DUNG CUA TICH PHAN
Bai 1. Tinh dién tich hinh phang giéi han boi cac duong
1. y=x-1,y=0,x=0,x=2. 2.y=x-2,y=0, x=0.
3. y=x"-3x, y=0,x=1x=4. 4. y=x>—4x ,y=—
5. y=x>=3x"+2X , y=0
Bai 2. Tinh dién tich hinh phang giéi han boi cac duong
=X =2X, Yy =X. 2. y=4-x",y=x>-2x

y
y=2X- x X+y=0. 4. y=x3—12x,y:x2

w =

Bai 3. Tinh dién tich hinh phang giéi han boi cac duong

1. y:x—1+|n—x, y=x-1 x=e. 2. y=2x"—4x-6,y=0,x=-2, x=4.
X

3. y=x"-3x+2,y=x-1 x=0. 4. y*+x-5=0,x+y-3=0

Bai 4. Tinh thé tich vat tron xoay duoc tao ra khi quay hinh phang D quanh Ox
D 12 hinh phang dugc gioi han béi cac duong y=x—-1, y=0va x=0,x=2.
D 12 hinh phang dugc gisi han béi cac duong y=x—-2, y=0 va x=0.

=

D 1 hinh phing duoc giGi han boi cac duong y = x> —3x, y=0 va x=1,x=4.
D 1 hinh phing dwoc gisi han boi cac duong y=x*—4x va y =0.

ok 0N

D 1 hinh phing dwoc gisi han boi cac duong Y = x* —3x° + 2X va truc OXx.

Bai 9. Tinh thé tich vdt tron xeay dwot tao ra khi quay hinh phiang D quanh Ox

D la hinh phing duoc gigi han bai cac duong y =X —4x+4, y=0,x=0,x=3.
D la hinh phing duoc gigi han bai cac duong y = X°, X = y?

D la hinh phing duoc gi6i han bai cac duong y=2—-x°, y =1.

D la hinh phing duoc gigi han bai cac duong y=4—Xx*,y=x>+2.

D la hinh phing duoc gi6i han boi cac duong y =2X°,y = 2Xx + 4

D la hinh phang duoc gigi han bai cac duong y =2x— X%, y =X

N o e w0DdRe

D la hinh phing duoc gigi han bai cac duong y =2x—x*, y =0

Bai 10. Tinh dién tich hinh phang gidi han béi cdc dwong sau day:
a, y=x>—4x+5 (P), va hai tiép tuyén cia (P) tai hai diém A(1;2) va B(4;5)
b, y=x2—-2x+2 (P), va c4c tiép tuyén cia (P) di qua diém M(2; -2).
2
¢, x="0, va hai tiép tuyén cia db thi ham sé y == 1

, biét c4c tiép tuyén do di qua
A(=2;0).

d, y—‘x2—4x+3‘ y=X+3

e, y= ‘x —1‘ =|x|+5

THPT TAY HO
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Chuyén dé 7: SO PHUC

Bai 1. Tim c4c sd x va y biét:

1. (-3x+9)+3i=12+(by-7).i 2. (2x=3)-QRBy+1).i=Qy+1)+Bx=T7).
3. (2X+1)+(1-2y)i=2—x+(3y-2)i 4. (4x+3)+(By—-2)i=y+1+(x-23)i
Bai 2. Tinh:

a, i*, 0%, i, i®°, i®° Tu d6 suy ra cach tinh i" véi ne N.
b, (1+)2, (1=0)%, @+i)}, (1—i)%, @+i)*, (1=i)*, @Q+D)™°, @—i)™, (1+i)2®
Bai 3. Tim phan thuc, phan 4o va mo dun ciia cac sé phuc sau:
a, z=-2-i3, z=~/2-2i z=-11 z=Ti
b, z=1+/3i Z=—2+i z=1+2-1 z=-2+(1-2)i
Bai 4. Tim s6 phic z biét:
a, |z|=2 va z 1as6 thuan ao.
b, | z|=5 va phan thuc cua z géap hai 1an phan 4o cua n6.
¢, |z|= 25 vatich cua phén thuc véi phan ao bang 12.
Bai 5. Xac dinh céc s6 phirc bieu dién céc dinh cua mot luc gidc déu co tam la goc toa do trong
mat phang phtc, biét rang mét dinh biéu dien so .
Bai 6. Trong mat phang phtrc cho ba diém A, B, C khéng thang hang theo thu tu biéu dién cac
s6 phuc z,, z,, z,. Hoi trong tam cua tam giac ABC biéu dién s6 phiic nao?.

Bai 7. Cho s6 phuc z :—%+§i. Hay tinh E’ 2,22, (2)°, 1+z+2°.

Bai 8. Cho A, B, C va M, N, P 1a cac diém trong mat phang phirc biéu dién cac sé phirc sau:
1-i, 2+3i, 3+iva3i, 3-2i, 3+2i.
a, Chirng minh réngq hai tam giac ABC va MNP c6 cung trong tam.
b, Tim so6 phtc z biéu dien diém D sao cho tir gidc ABCD la hinh binh hanh.

Bai 9. Cho hai s6 phuc z, #0, z, =0 théaman z2 +z2 =z,.z,. A, B 1a hai diém trén mat
phang phirc biéu dién z,, z,. Chang minh rang AOAB déu.(O la gdc toa do)

Bai 10. Tim tap hop diém trén mat phang phirc biéu dién sé phuc z biét:

alz-il=1 b |Zol=1 o lof=f-3+4i
d, ‘z+£+3‘:4 e, ‘Z—E+l—i‘:2 f 2|z—i|:‘z—2+2i‘

Bai 11. RUt gon céc biéu thirc sau:

(2+0)+A+D)4-3) o _ (3-4i)(L+2i) (2+1)(1-2)  (2-i)(1+2i)

A= +4-3i, C=

3+2i ’ 1-2i 2—1i 2+i

Bai 12. Tim nghiém phuc cia cac phuong trinh sau.

a, B+4i)z=(1+2i)(4+1) b, 2i.z+3=5z+4i

C, 3z.(2—i)+1=2i.z(1+i)+3i d, (2-i).z-4=0
Bai 13. Tim nghiém cua cac phuong trinh sau.

1, (3+4i).z=(1+2i)(4+1) 2,2i.z+3=5z+4i

3,32.2-1)+1=2iz.(1+i)+3i 4, (L+2i)z—(4-51)=-7+3i

5, (3+2i).z—6i.z=(1-2i)[z-(1+5i)] 6, (2-3i).z= é"i'_ :

+4i

Bai 14. Giai cac phuong trinh sau trén tap sé phuc. (an z).

1,322 4+z+2=0 2,2°4+z+1=0

3,2z°-8=0 4,7°+32-4=0
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Chuyén #é8. THE TICH KHOI CHOP
Bai 1. Cho hinh chop déu S.ABC c6 canh d4y bang a. Tinh thé tich khéi chop biét
a. Canh bén bing a~/3.
b. Céc canh bén tao voi day mot goc 60°.
c. Cac mat bén tao vé6i day mot goc 30°.
d. Canh bén SA tao véi canh day AB mot goc 45°.
Bai 2. Cho hinh chép déu S.ABCD c6 canh day bang a. Tinh thé tich khéi chop biét
a. Canh bén bing av/2.
b. Céc canh bén tao voi day mot goc 60°.
c. Céc mat bén tao véi day mot goc 30°.
d. Canh bén SA tao véi canh day AB mot goc 45°.
Bai 3. Cho hinh chop S.ABC cd day la tam giac vuong can dinh B, canh a. SA vubng goc voi
day.
a. Tinh thé tich khéi chép S.ABC biét canh bén SB =a/3.
b. Tinh thé tich khéi chép S.ABC biét (SBC) tao v&i day goc 60°.
Bai 4. Cho hinh chép S.ABCD, ddy ABCD l1a hinh vuéng canh a. Mt phang (SAB) vudng goc
Vvéi day va tam gidc SAB cén tai S. Tinh thé tich khdi chop biét
a. Canh bén SC tao v6i ddy mot géc bang 60°.
b. Mat bén (SBC) tao v&i day mot goc 45°.
Bai 5. Cho hinh chép S.ABC c0 ddy la tam gidc vuéng cin dinh B, canh a. SA vuéng goc
Véi ddy SA=a~/3. Goi D, E ldn lugt 12 hinh chiéu cia A trén cac cgnh SB, SC. Tinh thé
tich khéi chop S.ADE.
Bai 6. Cho hinh chép déu S.ABCD, goi M la trung diém ciia SC, (P) 1a mét phang chira
AM va song song véi BD. Mgt phang (P) chia khéi chdp thanh hai phan. Tinh ti sé thé tich
ciia hai phdn dé.

Chuyén @é9. THE TiCH KHOI LANG TRU

Bai 1. Cho ling try ding ABCD.A'B'C'D' ¢6 ddy ABCD la hinh vudng canh a, dudng thang
A'C tao v&i mp(ABCD) mét goc 60°. Tinh thé tich khdi lang tru ABCD.A'B'C'D'.

Bai 2. Cho lang try dtng ABCD.A'B'C'D’ ¢6 ddy ABCD la hinh vuéng canh a, mat phang
(A'BD) tao véi mp(ABCD) mot goc 60°. Tinh thé tich khdi ling tru ABCD.A'B'C'D’.

Bai 3. Cho lang tru dang ABCD.A'B'C'D' ¢6 ddy ABCD la hinh vuéng canh a, mp(A'B'CD)
tao véi mp(ABCD) mot goc 45°. Tinh thé tich khéi ling try ABCD.A'B'C'D".

Bai 4. Cho lang tru tir giac ABCD.A'B'C'D" c6 ddy ABCD la hinh vudng canh a, canh bén
AA'= 2a, hinh chiéu vubng goc ciia dinh A* trén mat phang (ABCD) triing véi tam O
ctia hinh vuéng ABCD . Tinh thé tich khéi lang tru ABCD.A'B'C'D".

Bai 5. Cho lang tru ding ABC.A'B'C' ¢6 ddy ABC la tam giac déu canh a, duong thang
AC’ tao v6i mat day mot goc 60° . Tinh thé tich khdi lang try ABC.A'B'C’.

Bai 6. Cho lang tru ding ABC.A'B'C' ¢6 ddy ABC latam giac déu canh a, mit phang
(A'BC) tao v&i mat day mot goc 60° . Tinh thé tich khéi ling try ABC.A'B'C'.

Bai 7. Cho lang tru ABC.A'B'C' c6 ddy ABC la tam gi4c déu canh a, duong thang AC' tao
véi mat day mot goc 60°, hinh chiéu vudng goc cia dinh A' trén mat phang (ABC)
triing véi trong tam AABC . Tinh thé tich khdi lang try ABC.A'B'C".

Bai 8. Cho lang try ABC.A'B'C* c0 ddy ABC latam giac vudng can tai A, AB= AC =a,
hinh chiéu vuéng goc caa dinh A" trén mit phang (ABC) tring véi trung diém H cua
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canh BC, duong thang AC' tao véi mat day mot goc 60° . Tinh thé tich khéi lang try
ABC.A'B'C".

Bai 9. Cho lang tru dtng ABC.A'B'C' c6 ddy ABC la tam giac vubng tai Bva BA=BC =a,
g6c giira duong thang A'B vai mat phang (ABC) bang 60°. Tinh thé tich khdi lang tru
ABC.A'B'C’ theo a.

Bai 10. Cho khéi lang try ding ABCD.A'B'C' D" ¢6 day la hinh vudng va khoang céch gitra
hai duong thang AB va A'D bang 2, do dai duong chéo cua mat bén bang 5.

a, Ha AK L A'D (K e A'D). Chting minh rang AK =2.
b, Tinh thé tich khéi ling tru ABCD.A'B'C'D’.

Bai 11. Pay cia khéi ling try dung tam gidc ABC.A'B'C' 1a tam giac déu. Mat phang (A'BC)
tao voi ddy mot goc 30° va tam giac A'BC cd dién tich bang 8. Tinh thé tich khoi lang
tru ABC.A'B'C".

Bai 12. Cho hinh lang try tam giac ABC.A'B'C" ¢ day la tam giac déu canh a, hinh chiéu
vubng goc cua dinh A" trén mat phang (ABC) tring voi tam O cia AABC . Tinh

a\/_

Vsc e Diét khoang cach giita AA' va BC bang ==

Chuyén @¢ 10. PHUONG TRINH PUONG THANG & PT MAT PHANG
Bai 1. Trong khéng gian vdi h¢ toa do Oxyz, viet phuong trinh mat phang (P) biet
1. (P)diquadiém A(L2;0) vavudng goc véi BC, B(2;1,0),C(1;5;0).
2. (P)diquabadiém M(L2;,-2),N(2,32),P(112).
3. (P)diquadiém D(2;1,0) va song song véi gia cia hai vecto u= (21, 3),\7 =(2,-31).
4. (P) di qua E(-2;4;0) va vudng goc véi hai mat phang (B,):2x—3y+z-3=0,
(P,):3x+2y-3z-3=0.

5. (P) diqua E(-2;4;0),F(11,0) va vudng goc véi mét phang (P,):x—2y-z—-3=0.
6. (P) chira duong thang Ox va vudng goc véi mat phang (P,):3x -4y —2z+2=0
7. (P)diqua G(12;0),H (3;1;,0) va song song véi Oy.

Bai 2. Trong khong gian véi hé toa do Oxyz, viét phuong trinh mat phang (P) biét

Di qua ba diém A(1;1;-1), B(-2;-2;2), C(1;-1;2).

Qua D(-2;3;1) va vudng goc voi (P): 3x+2y-z-1=0, (Q): 2x-5y+4z-7=0.

Qua diém E(4;-3;2) va vubng goc véi giao tuyén cua hai mat phang x-y+2z-3=0, 2x-y-

3z=0.

Qua hai diém F(1;-2;2) G(-3;1;-2) va vudng goc véi mat phang 2x+y-z+6=0.

5. Pi qua diém H(1;0;2) song song véi v=(2;3;1) va vudng goc véi mat phang
2x—Yy—-5z=0.

6. Mat phang (1JK) véi 1, J, K 1an luot 1a hinh chiéu caa diém M(2;3;-5) trén c4c truc toa do.

7. (P) di qua diém A(1;1;-2) song song Vvéi vecto U =(2;6;—1) va vudng goc véi (Q): x+2y-
z+1=0. ) i )

Bai 3. Trong khéng gian vai h¢ toa do Oxyz, viet phuong trinh duong thang (d) biet

a. (d) la dwong thang di qua hai diem A(1,1;2),B(2;1,1).

b. (d) 1a dwong thang di qua diém A(2;L-1) va vudng goéc véi mat phing
(P):2x—3y—-z+1=0.

P-’!\’!‘

&
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c. (d) la duong thing di qua A(LL0) va vudng goc véi truc Ox va dudng thing
(A):lezyjll:ziz.

d. (d) di qua diém A(1;2;3) vubng goc véi (A):

x-1 y+1 z-1
1

va song song véi (P):
X+2x+z-1=0. ’ 7 ’
Bai 4. Trong khéng gian véi h¢ toa do Oxyz, viet phuong trinh duong thang (d) biet
a. Qua A(2;-1;0) va co vecto chi phuong u=(-13;5)
b. Qua hai diém A(2;3;-2),B(L2;4)
X =1+ 25t
c. Quadiém A(3;4;1) va song song véi duong thang { y = —4t
Z=5+3
d. Quadiém A(3;2;-1) va vubng goc véi mat phang 2x—y+7z-1=0
Bai 5. Trong khong gian vai hé toa do Oxyz, viét phurong trinh duong thang (d) biét

a. Qua A(2;3;-5) va song song véi duong thang (d’) 1a giao tuyén cua hai mat phang
3X-y-2-2=0,2x-y+3z+1=0
b. Qua  diém A(0;50) va song song v6i  hai  mat  phang:
3X+y—-52+1=0,2x+3y—-8z+3=0
Xx=1+2t [x=1-t
c. Quadiém A(3;1;,—4) vavudng goc voi hai duong thang 1y =3-2t,Jy =2+t .
z=1+t |z=1-3t
Bai 6.
1. Cho mgt phang (P):2x—3y+2z-7=0, tim giao diém cua (P) voi
X=2+t
a, CAc tryc toa d9. b, Vi duong thang d :{y=1-2t
z=3+2t

¢, Véi duong thang X=3_y-3_ Z+1.
-2 2
X=3+2t
vaA:{y=-1-2t
z=-t
3. Cho hai mat phiang (P,):2x—3y+z-6=0 va (P,):3x+y+2z—-4=0. Chiang minh
rang hai mat phang trén cit nhau, viét phuong trinh tham s6 cta dwong thang (d) 1a giao
tuyen cua ching.
Bai 7.

1. Tim toa do diém H,,H,,H,,H, 1an luot Ia hinh chiéu vudng géc cua diém A(1;2;3) trén
(Oxy), (Oyz), (Ozx) va (P):x+y+z-1=0.

2. Tim toa do giao diém ciia hai duong thing d : X;’l _ y—12 - 2‘34
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2. Tim toa do diém A' d6i xing véi diém A(3;,-L-2) qua mat phing
(P):x—y—-2z+1=0

3. Tim toa do hinh chiéu wvuong goc cua diem A(2;5,-1) trén dudng

thang(d ): xtl_ y—12 = le.

Tim toa d diém A’ ddi xung véi diem A(3;—1-2) qua duong thang

&

(d): x+1: y—2 _ z-1

2 -1 1
Cho duong thang (d): X_ll _J ; 2.2 ;1. Viét phuong trinh hinh chiéu vudng géc cua
(d) trén (Oxy), (Oyz), (Ozx) vatrén (P):x—y+2z-1=0.
Bai 8. Trong khong gian vai hé truc toa do Oxyz cho cac diém
A(11;1),B(2;1;,0),C(-1-2;1),D(-2;2;-3). Chang minh A, B, C, D la c4c dinh cua mét tir
dién. Tinh duong cao ha tur dinh A cua tir dién do.
Bai 9. Véi dé bai cua bai 47 véi cac diem sau
1. A(L0;0),B(0;2;0),C(0;0;-1),D(4;-2;1).
2. A(1,30),B(1;,2;0),C(30;-1),D(12;1).
Bai 10. Trong hé tryc toa dd Oxyz, cho mat phang (P):x+2y—z—-5=0 va A(L;1-1).
Tinh khodng cach tir A dén (P).
Viét phuong trinh mat phing (P,) qua A va song song véi (P).

o

=

w N

Viét phuong trinh (d) qua A va (d) vudng goc véi (P). Tir d6 tim hinh chiéu vudng goc
cua Atrén (P).

Tim diém O’ doi xtng véi O qua (P).

Tim diém B trén Ox sao cho B cach déeu (P) va A.

Viét phuwong trinh dwong thang (d,) nam trén (P) sao cho véi méi diém M trén (d,) thi
M céach déu A va O.

Bai 11. Cac cau hoi nhu bai 49

3x+2y—3z-2=0 va A(4;3;,-2).

x—2y—-3z-2=0vaA(2;,-4,-4).

Xx—2y+3z-2=0vaA(2,-4;2).

X+y—2z-2=0vaA(2;2,0).

o ok~

1. (P):

2. (P):

3. (P):

4. (P):
Xx=1-t

Bai 12. Trong Oxyz, cho duong thang (d):{y=3+2t(teR) va A(-12;-1).

z2=2+t

=

Tinh khodng cach tir A dén (d).
Viét phuong trinh (A) qua A va song song véi (d).

W N

Viét phuong trinh (P) qua A va vudng géc véi (d). Tir d6 tim hinh chiéu vudng géc cua
Atrén (d).
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4. Tim O’ d6i xtng véi O qua (d).

5. Tim diém B trén (d) sao cho AB = V14

6. Viét phwong trinh dwong thang (A,) di qua A cat (d) vavudng goc véi Ox, Oy, Oz.

7. Tim diém C trén (d) sao cho C cach déu A va O.
Bai_13. Trong khong gian v6i hé truc toa do Oxyz cho cac duong thang

X=1+2t . .
\ x-1 'y z-

d):cy=4+3t(teR d)i—=—"—=—-.
(d) Z_l +t (teR)va(d,) S T 1

1. Chiing minh rang hai duong thang trén song song. Viét phuong trinh mét phang (P) chira
hai duong thang trén. 7

2. Tinh khoang cach gitra hai duwong thang trén

3. Viét phuong trinh duong thang (d,) ndm trong mat phang (P) song song dong thoi cach
déu hai duong thang (d) va (d, ).

4. Viét phuong trinh mat phang (Q) sao cho mdi diém trén (Q) cach déu (d) va (d,).

5. Viét phuong trinh duong thang (d, ) song song va cach hai duong thang (d) va (d,) mét

v119

khoang bang nhau va bang —
Bai 14. Trong khong gian véi hé truc toa do Oxyz cho céc duong thang
X=1+2t
(d):{y=4+3t(teR) va (dl):x—_zl:%:
z=1-t
1. Chiing minh rang hai duong thang trén cat nhau. Viét phuong trinh mat phang (P) chua hai
duong thang trén.
2. Tim giao diém A cia (d) va (d,).
3. Viét phuong trinh duong thang (d, ) nam trong mét phang (P) sao cho (d, ) 1a mot phan

z-1
-

gic cua goc tao bai (d ) va (d,).

Bai 15. Trong khong gian vai hé truc toa do Oxyz cho cac duong thang
X=4+3t X=2

(d):qy=1-t (teR)va(d,):{y=1+2t" (t'eR).

z2=4+t z=-4-3t'
Chung minh hai duong thang trén chéo nhau. Tinh khoang cach gitra ching.
Viét phuong trinh mat phang (P) chira (d ) va song song véi (d, ).
Viét phuong trinh mat phing (Q) chtra (d, ) va song song véi (d).
Viét phuong trinh mat phang (R) sao cho khoang cach tir (d) va (d,) dén (R) bang nhau.
Viét phuong trinh duong thang cat ca hai duong thang trén ddng thoi song song véi Ox,
Oy, Oz.

Viét phuong trinh duong vudng goc chung cia hai duong thang trén.
7. Viét phuong trinh duong thang qua O dong thoi cat ca hai duong thang trén.

Ok w bR

o
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Tai ligu 6n thi tét nghigp
N A + A 5 z <\ A M 37
8. Tim trén (d) diém A sao cho khoang céch tir A dén (d, ) bang 2 7R

9. Tim trén (d) diém M va trén (d,) diém N sao cho MN vudng goc Vi ﬁ:(l;—l;l) va
doan MN :\/%.

Bai 16. Trong khdng gian véi hé truc toa d6 Oxyz cho mat phang (P):2x—y—-3z-2=0
X=2-t
dudng thang (d):<y=3-2t (teR) vadiém A(2;1-3).
z=-1+2t
1. Viét phuong trinh mat phang
= (P,) qua A vasong song véi (P).

o

N

qua O va vudng goc vai (d).

qua A va chua (d).

qua A, (P,) song song véi (d) va vudng goc véi (P).
. chtra (d) va vudng goc vai (P).
2. Vié

chua (d) va song song vai Ox.
ong trinh dudng thang
qua A va song song vai (d).

o U U U

=

fily
v\/vvq — N e N N

qua O va vudng goc vai (P).

qua A song song vai (P) va vubng goc vai (d).

w

o N e e T N N e N NI N

O_QNQ [oRse)

qua B 1a giao diém ciia (d) va (P) ddng thoi (d, ) nam trong (P) va vudng goc voi

EN

(d).
3. Tim hinh chiéu vuéng gdc cua
= Atrén (P).
= Atrén (d).
= (d) trén cac mat phang toa do.
= (d) trén (P).
4. Tim diém ddi xang cua
= A qua cac mat phang toa do.
= A qua Ccac truc toa do.
= Oqua(P).
= O qua (d).
5. Viét phuong trinh duong thang
= (dy) qua A cit (d) va vudng goc véi Ox.

= (d) qua A cit (d) va song song véi (P).

, , . 3

= (d,) qua A cat (d) va tao vai (d) mot goc bang arccos—.
(d;)q d) (d) mot g g N
8

J154
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Tai ligu 6n thi tét nghigp
= (d,) cét (d) tai B, cit (P) tai C sao cho A la trung diém cua BC.
= (d,,) trén (P) sao cho méi diém trén (d,, ) cach déu O va A.

6. Tim diém trén (d) thoa man
= AD=417.
= d(E;(P))=—=.
= d(F;(P))=AF.

Bai 17. Trong khong gian véi hé truc toa do Oxyz cho céc duong thang
X=3+t X=-1+2t'

(d):<y=-1-2t(teR)va(d,):{y=1+t" (t'eR)vadiem A(3;0;0).

z=—t z=3-t1'
1. Viét phuong trinh mat phang
= (P,) qua A va vudng goc véi (d).
. ) qua O va vudng goc vai (dy).

P, ) qua A va chira (d).
P

4

qua A va chua (d,).

P6

()

(R)

()

(P) qua A va song song véi ca hai duong thang (d) va (dy).
= (P,) chua (dy) va song song véi (d).

= (P,) chua (d) va song song véi (dy).

t phu

- (d

- (d

2. Viét phuong trinh duong thang
,) qua A va song song véi (d).
,) qua O va song song véi (dy).
= (d,) qua A vavudng goc vsi (d) va (dy).
3. Tim hinh chiéu cua
= Atrén (d).
= O trén (dy). 7
= (d) trén cac mat phang toa do.
= (dy) trén (Py).
4. Tim diém ddi xang cua
= Aqua(dy).
= Oqua(d). 7
5. Viet phuong trinh duong thang
= d, quaAcatd vavudng goc véi d,.
= d, quaAcat d, vavudng goc voi d .
= d,catd vacat d, dong thoi song song véi OXx.
= d, Cit d vacat d, dong thoi song song véi d,.
= d,catd vacat d, dong thoi vudng goc véi (P,).
= d, cat d vacit d, dong thoi di qua A.

THPT TAY HO
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Tai ligu 6n thi tét nghigp
Chuyén dé 11. PHUONG TRINH MAT CAU

Bai 1. Tim toa do tam va tinh ban kinh ctia cac mat cau sau:

X*+y?+2°-8x+2y+1=0

X2+ Yy +2°+4x+8y—-22-4=0

3x*+3y*+32°+6x-3y+152-2=0

22X +2y? 427 +x-3y+2=0

Bai 2. Lap phwong trinh mat cau (S) trong cac truong hop sau:

(S) c6 tam 1(1;0;—3) va béan kinh bing /3

(S) co duong kinh AB vé&i A(-1;1;5), B(3;5;-1)

(S) co tam 1(-1;3;—-2) va di qua diém M(1;-1;2).

(S) 6 tm 1(—1;2;-2) va tiép xdc véi mat phang (Oxy).

(S) ¢6 tam O(0;0;0) va tiép xdc v&i mat cau (C): (x—3)%+(y+2)>+(z-4)? =1.
(S) c6 tam 1(2;-1;0) va tiép xdc véi mat phang (P):2x—y+2z+1=0.

(S) co thm 1 e Oz va di qua hai diém A(3;-1;2), B(1;1;-2).

(S) cO thm 1 e (Oxy) va di qua ba diém A(1;2;—4), B(1;—3;1), C(2;2;3).

(S) di qua bon diém A(1;0;0), B(0;1;0), C(0;0;1), D(1;1;1).

. Cho bén diém A(2;0;0), B(0;4;0), C(0;0;6), D(2;4;6). Tim tap hop diém M trong

—_— — —

khéng gian théa m&n [MA+ MB + MC + MD|=4.

wbhe

vy
L
N

©ooNOOORAEWNRE

vy
o
w

Bai 4. Cho phuong trinh x* + y*+2z° —4mx +4y+2mz+m? +4m =0 (*). Tim tap gia tri cua
tham s m dé phuong trinh (*) 1a phwong trinh mat cau. Khi d6 tim gia trj cia m dé ban
kinh mat cau 1a nho nhat.

Bai 5. Cho phuong trinh x>+ y® +2z° +2x.cosa —2y.sina —4z—4—sin>a =0 (*). Tim tap gia
trj cuia tham s6 m dé phwong trinh (*) & phuong trinh mét cau. Khi d6 tim gié trj cia
tham so thu:c m dé ban kinh mat cau la: )

1. Nho nhat 2. Lénnhat 7
Bai 6. Tim toa d¢ tdm va ban kinh duong tron la giao ctia mat cau va mat phang sau:
1 {(S):x2+y2+22—6x+2y—22+10:0
(P):x+2y+z+1=0

) {(S):x2+y2+22—12x+4y—6z+24:0
(P):2x+2y+z+1=0

3 {(S):x2+y2+22—6x—2y+4z+5:0
(P):x+2y+z-1=0

4 {(S):(x—3)2+(y+2)2+(z—1)2:100
(P):2x-2y-z+9=0

Bai 7. Chomatcau (S): x?+ y2+22—6x—2y+4z+5=0 vadiém M(4;3;0). Lap phuong
trinh mat phang tiép dién ctia mat cau (S)tai diém M.

Bai 8. Cho mit cAu (S): x2+ y2+22—6x—2y+4z+5=0. Lap phuong trinh mat phang (P)
tiép x(c v4i mat cau (S) va song song véi mit phang (Q) : x+2y—2z=0.

x-2 y-1 z-1

- va tié
-2 -2 P

Bai 9. Lap phuong trinh mat cau (S) c6 tam thudc duong thang d :

xuc véi hai mat phang (P): x+2y—2z—-2=0, (Q):x+2y—2z+4=0.
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Tai ligu 6n thi tét nghigp
Phan Il. PE TU LUYEN
PE SO 1
(Thoi gian 1am bai: 150 phat khong ké thoi gian giao dé)
A. PHAN CHUNG CHO TAT CA THI SINH. (7,0 diém)
Cau 1:(3,0 diém)

Cho ham s y = 2;‘—: (1) ¢ db thi I (C)

1, Khao sat sy bién thién va vé o thi (C) caa ham so (1).

2, Viét phuong trinh tiép tuyén caa (C) biét tiép tuyén song song véi duong thang y = 3x.
Cau 2:(3,0 diém)

1, Giai phuong trinh 5" 45 =26

2, Tinh tich phan 1= [ x*.In x.dx
1

3, Tim gia tri 16n nhat, nhoé nhat cia ham sé y = % x*—2x? +3 trén doan [-1;3].

Cau 3:(1,0 diem) ‘
Cho khoi chop déu S.ABC c6 day la tam giac déu canh a, goc gitra mat bén va mat day
bang 60°. Tinh thé tich caa khdi chdp theo a.

B. PHAN TU CHON (3,0 diém) ‘ ‘
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)

Cau IVa:(2,0 diém)
Trong khong gian vai hé toa dd Oxyz cho diém M (1;4;2) va mat phang (P) c6 phuong
trinh x+2y+z+1=0.
1, Viét phuong trinh duong thang d di qua diém M va vudng géc véi mat phang (P). Tim
toa d6 giao diém H cia duong thang d v&i mat phang (P).
2, Viét phuong trinh mat cau tam M va tiép xdc véi mat phang (P).

Cau Va: (1,0 diém)
Giai phuong trinh 222 —4z+7=0 trén tap s6 phuc

2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau IVb: (2,0 diém)
Trong khong gian vai hé toa dd Oxyz cho diém M (1;4;2) va mat phang (P) c6 phuong
trinh x+2y+z+1=0.
1, Tim toa d6 diém M d6i xung voi diém M qua mat phang (P).
2, Lap phuong trinh mat phang (Q) di qua diém M song song vai truc Oy va vudng goc
v6i mat phang (P).

Cau Vb: (1,0 diém)
Giai phuong trinh z2 +(2—3i)z—6i =0 trén tap sé phuc.

Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.
*khkkkkkkkikkikk Hét *hkhkkkhkkkhkkikk
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Tai ligu 6n thi tét nghigp
PE SO 2
(Thoi gian 1am bai: 150 phat khong ké thoi gian giao dé)
A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)
Cau 1:(3,0 diém)
Chohamsé y = —2x+3
x-1
1, Khao sét sy bién thién va vé d6 thi (C) ctia ham sé (1).
2, Tim tap cac gia tri cua tham sé thyc m dé duong thang y = mx + 2 cit do thi (C) tai hai
dém phan biét.
Cau 2:(3,0 diém)
1, Giai bat phuong trinh 25" < 6.5 —5

5 3
2, Tinh tich phan | =I@dx
1

(1) ¢ do thi 1a (C)

3, Cho ham s6 y =e®™, Chang minh rang y' cosx — ysinx—y" =0.

Cau 3:(1,0 diém)
Cho khéi chop S.ABC c6 day ABC la tam gidc vudng tai A, AB =a, AC = a+/3, mat bén
SBC la tam giac déu va vubng goc véi mat phang day. Tinh thé tich cia khbi chop theo a.

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuan ( ban co ban )
Cau IVa: (2,0 diem)

Trong khong gian vai hé toa dd Oxyz cho duong thang d : XT_l = % = izl va mit phang

(P):2x+y—-2z+8=0

1, Viét phuong trinh tham s6 cua duong thang d va tim toa do giao diém M caa d voéi

(P)

2, Tim diém I trén dudng thang d sao cho khoang céch tir I dén mit phang (P) bang 1.
Cau Va: (1,0 diem)

Tim modun ctia s6 phicc z=2-3i+(1—i)(3+2i) - (1+i)°

2. Theo chwong trinh Nang cao ( ban tw nhién )
Cau IVb: (2,0 diem)

Trong khong gian vai hé toa d6 Oxyz cho duong thang d : XT_l = % = izl va mit phang

(P):2x+y—-2z+8=0
1, Viét phuong trinh tham sé cua duong thang d va tim toa do giao diém M caa d voéi

(P)
2, Goi A lahinh chiéu caa d trén mat phang (P). Hay viét phuong trinh duong thang A

Cau Vb: (1,0 diém) ,
Tim c&c can bac hai ciia so6 phic z =8+ 6i

Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.
*khkkkkkkkikkikk Hét *hkhkkkhkkkhkkikk
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Tai ligu 6n thi tét nghigp

PESO3 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A.PHAN CHUNG CHO TAT CA THI SINH. (7,0 diém)
Cau 1:(3,0 diem)

Cho ham sé y=XF2 (1) c6 db thi 1 (C)
X+1

1, Khao sat sy bién thién va vé o thi (C) caa ham sb (1).
2, Tim tap cAc gia tri cia tham s6 thuc m dé duong thang y = mx +m+3 cit do thi (C) tai
hai dém phan biét.
Cau 2:(3,0 diém)
3x-5

1, Giai bt phuong trinh lo <1
p g g, 1

2
2, Tinh tich phan 1 = [(4x—1)Inxdx
1

3,Choham s6 y=x*—(m+3)x?+mx+m+5. Tim tap cAc gia tri cia tham s6 thyc m dé
ham sb dat cuc tiéu tai x =2

Cau 3:(1,0 diém)
Cho hinh hop ABCD.A'B'C'D' biét raing A"ABD 1a mét tir dién déu canh a. Tinh thé tich
cua khéi hop ABCD.A'B'C'D' theo a.

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)
Trong khong gian vai hé toa d6 Oxyz cho ba diém A(1;2;-3), B(0;1;1), C(2;-1;-2)
1, Viét phuong trinh mat phang (P) di qua ba diém A, B, C.
2, Viét phuong trinh mat cau (S) c6 tam nam trén tryc Ox va di qua hai diém A, B.
Cau Va: (1,0 diém)
Tinh dién tich hinh phang gigi han boi cac duong y=0, y=x2—x-2

2. Theo chuwong trinh Nang cao ( ban tw nhién )

Cau IVb: (2,0 diem) o
Trong khong gian véi hé toa do Oxyz cho bon diem A(0;1;6), B(6;—2;3),C(2;0;-1), D(4:1;0)
1, Chting minh rang bon diém A, B, C, D khong dong phang. Tinh thé tich tir dién ABCD
2, Viét phuong trinh mat phing (P) di qua hai diém A, B va song , song véi véc to CD .

Cau Vb: (1,0 diém)
3%.2Y =972

Giai hé phuong trinh
* PRUORS {Iogﬁ(x—w:z

Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.
*khkkkkkkkikkikk Hét *hkhkkkhkkkhkkhkikk
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Tai ligu 6n thi tét nghigp
PESO4 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A.PHAN CHUNG CHO TAT CA THI SINH. (7,0 diém)
Cau 1:(3,0 diem)

Cho ham s y = %;’ (1) c6 db thi 12 (C)
1, Khao sét sy bién thién va vé d6 thi (C) ctia ham sé (1).
2, Chirtng minh rang duong thang y =%x— m ludn cat d6 thi (C) tai hai diém phan biét

VvGi moi gid tri cia tham sé m.
Cau 2:(3,0 diem)
1, Giai phuong trinh 3.4* —2.6* =9*

4

4
2, Tinh tich phan 1 = [ x.sin2x.dx
0

3, Tim gia tri 16n nhat, nho nhat cia ham sb y = x® —6x2 +9x trén doan [0;2].
Cau 3:(1,0 diém)
Cho hinh chép S.ABC c6 day la AABC vubng tai B, SA L (ABC) géc ACB =60°,
BC =a,SA =a+/3. Goi M la trung diém cua SB. Ching minh rang (SAB) L (SBC) va tinh
thé tich khéi chdp M.ABC

B. PHAN TU CHON (3,0 diém) ‘ ‘
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa:(2,0 diém.) Trong khdng gian voi hé toa do Oxyz cho diém M (2;—1;4) va duong
thang d x=1_y=1_2
1 -3 3
1, Viét phuong trinh mat phang (P) di qua M va vudng goc vai d. Tim toa do giao diém
cta duong thang d véi mat phang (P).
2, Viét phuong trinh mat cau thm M va tiép xic voi mat phang (Q):2x—2y+z=0
Cau Va: (1,0 diém)
Tim phan thuc va phan 4o ciia s6 phirc z=1+i+ (1—2i)(-2+ 2i)

2. Theo chwong trinh Nang cao ( ban tw nhién )
Cau IVb: (2,0 diem)
Trong khdng gian véi hé toa dd Oxyz cho diém M(0;0;1) va véc to U= (1;1;3)
1, Viét phuong trinh dudng thing d di qua M va song song v6i u=(1;1; 3)
2, Chirtng minh rang d song song véi mit phang (P):2x+ y—z+5=0, tinh khoang cach
gitra d va (P).
Cau Vb: (1,0 diem )
Giai phuong trinh 7% + (2—3i)z—6i =0 trén tap s6 phuc.
Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkkik Hét *kkkkhkhkkkhkikx
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Tai ligu 6n thi tét nghigp

PESO5 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A.PHAN CHUNG CHO TAT CA THI SINH. (7,0 diém)
Cau 1:(3,0 diem)

Chohamsé y = 2X+3

(1) c6 @ thila (C)

1, Khao sat sy bién thlen va vé d6 thi (C) caa ham sb (1).
2, Tim céc diém trén (C) sao cho toa do cua cac diém d6 1a cac so nguyén.
Cau 2:(3,0 diém)
1, Giai bat phuong trinh log, (X2 —=5x+4) > -2
2

1
sin’ x

2, Tim ho nguyén ham I(x3 + +e +§)dx
3, Cho ham s6 y =+/2x— x2 Chang minh rang y®.y" +1=0.

Cau 3:(1,0 diém) ‘ , ,
Tinh dién tich mat cau ngoai tiep hinh chop S.ABC biét SA=a, SB=2a, SC =3a vaba
canh SA, SB, SC cua hinh chép d6i mot vuéng goc.

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)
Trong khong gian vai hé toa dd Oxyz cho mat cau (S): x? + y? + 22 —2x—4y—62—-2=0
1, Tim toa do tdm va tinh ban kinh ciia mat cau (S)
2, Viét phuong trinh mat phang (P) song song voi mat phang (Q):4x+3y—12z+1=0 va
tiép xtc vai mat cau (S).
Cau Va: (1,0 diém)
2+i)1- 2|) 2-1)(1+20)

trén tap so phirc
2—i 2+1i 4P SO P

Thuyc hién phép tinh sau:

2. Theo chwong trinh Nang cao ( ban tw nhién )
Cau IVb: (2,0 diém)
X=2+2t
Trong khong gian vai hé toa dd Oxyz cho duong thang c6 phuong trinh d :{y=—1+3t
z=1+5t
va mat phang (P): 2x+ y+z—-8=0
1, Tinh géc giira duong thang d va mat phang (P) ’ ‘
2, Tim diém M trén duong thang d sao cho khoang cach t M den (P) bang 2

Cau Vb: (1,0 diém)

Giai phuong trinh z* —4z2 —162-16=0 tén tap s6 phuc
Ho va ten thi Sinh: .....oeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkkik Hét *kkkkhkhkkkhkikx
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Tai ligu 6n thi tét nghigp

PESO6 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)
Cau 1:(3,0 diém)

Choham s y=x*-3x+2 (1) co dd thila (C)

1, Khao sat sy bién thién va vé o thi (C) caa ham sb (1).

2, Viét phuong trinh tiép tuyén caa (C) tai diém c6 hoanh do x =3
Cau 2:(3,0 diém)

1, Giai phuong trinh 0,125.4%°° = (%J

X+2

Ix+1
3, Cho ham s6 y = xsinx, Chang minh rang xy — 2(y'—sin x) + xy" = 0.

Cau 3:(1,0 diém)
Cho khdi lang try tam giac ABC.A'B'C' ¢6 ddy la tam gidc déu canh a, canh bén bang 2a
va goc giira canh bén va mit day bang 60°. Tinh thé tich cua khéi lang tru theo a.

3
2, Tinh tich phan 1 = | dx
0

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)

Cau IVa: (2,0 diem)
Trong khong gian vai hé toa dd Oxyz cho mat cau (S): x2 + y? + 22+ 2x—6y+4z-15=0.
1, Tim toa do tdm va tinh ban kinh ciia mat cau (S)
2, Viét phuong trinh mat phing (P) tiép xdc véi mat ciu (S) va nhan véc to n = (2;-2;1)
lam phap tuyén.

Cau Va: (1,0 diém)
Trén mit phang phtc, hdy tim tap hop diém biéu dién s6 phuc z théa man |z-1-i|=1

2. Theo chuong trinh Nang cao ( ban ty nhién))
Cau IVb: (2,0 diem) 7
Trong khdng gian vdi hé toa do Oxyz cho hai duong thang c6 phuong trinh

(d):qy=0 ; (dy):qy=2-2t
Z=—6+t z=8+3t

1, Chtng minh rang (d,), (d,) chéo nhau.
2, Tinh khoang cach giira hai duong thang do.

Cau Vb: (1,0 diém)
RUt gon biéu thae P =(2+i)" +(2—i)’

Ho VA ten thi Sinh: .....oeeeeeee e Sé badodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkik Hét *kkkkhkhkkkhkikx
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Tai ligu 6n thi tét nghigp
PESO7 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)
Cau 1:(3,0 diém)
Cho ham s y=x°+3x2—4 (1) c6 d6 thi 1a (C)
1, Khao sat sy bién thién va vé o thi (C) caa ham so (1).
2, Viét phuong trinh tiép tuyén caa (C) biét céc tiép tuyén d6 vudng goc véi duong thang
d:x+9y-9=0.
Cau 2:(3,0 diém)
1, Giai phuong trinh 5> +4.5*-1=0

T

2
2, Tinh tich phéan 1 =I(sin§+cosx)dx
0

3,Chohamsé y= %xg’ —(M+1)x% +(m? +2)x+m+1. Tim tap céc gia tri caa tham sb

thuc m dé ham s ddng bién trén R.

Cau 3:(1,0 diém)
Cho hinh chép S.ABC c¢6 day ABC la tam giac déu canh a, SA =SB =SC =a+2. Tinh thé
tich khi cau ngoai tiép hinh chap.

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)
Trong khdng gian vai hé toa dd Oxyz cho hai mit phang (P):2x—y+z+2=0 va
(Q):x+y+2z-1=0
1, Chtng minh rang (P) va (Q) cit nhau. Tinh gdc giira hai mat phang d6
2, Viét phuong trinh duong thang d di qua A(1;2;—3) va song song Véi ca (P) va (Q).
Cau Va: (1,0 diém)
Giai phuong trinh z* +2z2-3=0 trén tap sb phuc
2. Theo chwong trinh Nang cao ( ban tw nhién)
Cau IVb: (2,0 diém)
Trong khong gian vai hé toa dd Oxyz cho hai mat phang (P):2x—y+z+2=0 va
(Q):x+y+2z-1=0
1, Chtng minh rang (P) va (Q) cit nhau. Tinh gdc giira hai mat phang d6
2, Viét phuong trinh mit phang (R) di qua B(-1;3;4) va vudng goc vai ca (P) va (Q).

Cau Vb: (1,0 diém)
X2 +mx—2m-—4

Chohamsé y = , . Tim céc gia tri caa tham s6 thuc m dé ham sé ¢6 cuc
X+
tri
Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................

Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkik Hét *kkkkhkhkkkhkikx
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Tai ligu 6n thi tét nghigp

PESO8 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)
Cau 1:(3,0 diém)
Choham sé y=x*-3x?+2 (1) c6 d6 thila (C)
1, Khao sat sy bién thién va vé o thi (C) caa ham sb (1).
2, Tim tap cAc gia tri caa tham s6 thye m dé duong thang d_ :y = mx—m cat do thi (C)
tai ba diém phan biét.
Cau 2:(3,0 diém)
1, Giai phuong trinh log, x+log,(x+2)=1

T

2
2, Tinh tich phan 1= Isinz x.cos® xdx
0

3, Cho ham Séy:3+§, x#0. CMR: xy +y-3=0.

Cau 3:(1,0 diém)
Cho hinh chép S.ABCD c6 day ABCD 1a hinh chir nhat, AB=a, BC=a/3,
SA L (ABCD), géc giira canh bén SC va mat day (ABCD) bang 60°. Tinh thé tich khoi
chop theo a.

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)

Trong khong gian vai hé toa dd Oxyz cho hai diém A(1;-2;3), B(3;0;-1)

1, Viét phuong trinh mat phang trung truc cia doan AB.

2, Tim toa d6 diém C sao cho diém G(2;0;1) la trong tm caa tam giac ABC
Cau Va: (1,0 diém)

Cho sb phirc z = (1+2i)(3—i)+ 2. Tim md dun cua sb phic lién hop cua z

2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau IVb: (2,0 diém)

X+2 y-1 z+1
2 =2

Trong khong gian vai hé toa dd Oxyz cho duong thang d: va diem
M(2;3;1)

1, Tinh khodng cach tir diém M dén duong thang d 7

2, Tim toa do diém N doi xang véi diém M qua duong trang d.

Cau Vb: (1,0 diém)

372V =1152

log 5 (x+y)=2

Ho VA ten thi Sinh: .......oveeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkik Hét *kkkkhkhkkkhkikx

Giai h¢ phuong trinh {
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Tai ligu 6n thi tét nghigp

PESO9 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)
Cau 1:(3,0 diém)

Choham s6 y=-x>+3x?—4 (1) ¢ d6 thi 1a (C)

1, Khao sat sy bién thién va vé o thi (C) caa ham sb (1).

2, Viét phuong trinh tiép tuyén caa (C) tai diém A(1;-2)
Cau 2:(3,0 diém)

1, Tim tap xéc dinh cia ham sb y = Iogl(z—_i)
3

NE)
2, Tinh tich phan 1= [x*v1+x* dx
0

3, Tim gia tri 16n nhat, nho nhat ciaa ham sb f(x) = x—e? trén doan [-1;0].
Cau 3:(1,0 diém)

Cho hinh chép S.ABCD c6 d¢ay ABCD la hinh thoi canh a, géc BAD bang 60°,

SA=SB=SD= % Tinh thé tich cua khéi chop S.ABCD theo a.

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)
Trong khong gian vai hé toa dd Oxyz cho diém A(1;2;-3) va mat phang
(P):2x+2y—-z+9=0
1, Viét phuong trinh mat cau tm A va tiép xuc véi mat phang (P).
2, Tim toa d6 diém B ddi xang véi diém A qua mat phang (P).
Cau Va: (1,0 diém)
Cho sb phirc z = (1+2i)(3—i)+ 2. Tim md dun cua sb phic lién hop cua z

2. Theo chwong trinh Nang cao ( ban tw nhién)
Cau IVb: (2,0 diém)
Trong khong gian vai hé toa d6 Oxyz cho diém A(1;2;-3) va mat phang
(P):2x+2y—-z+9=0
1, Tim toa d6 diém B dbi xiing véi diém A qua mat phang (P).
2, Viét phuong trinh mat phang (Q) di qua A vudng goc véi (P) va song song vai truc Oz.

Cau Vb: (1,0 diém) 7
Tinh thé tich khoi tron xoay khi quay hinh phang S gigi han boi cac duong
y =0,y =—x"+2x quanh truc Ox.

Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkik Hét *kkkkhkkkhkikx

THPT TAY HO 28



Tai ligu 6n thi tét nghigp
PESO10 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A.PHAN CHUNG CHO TAT CA THI SINH. (7,0 diém)
Cau 1:(3,0 diem)

Cho ham sé y = -%xf‘ +2x% =3x (1) ¢ db thi 1 (C)

1, Khao sét sy bién thién va vé do thi (C) ctia ham sé (1).

2, Bién luan theo tham sé m s6 nghiém ciia phuong trinh: x* —6x* +9x+3m =0
Cau 2:(3,0 diem)

1, Giai phuong trinh  3.25* + 2.49% =5.35"

2, Tinh tich phan 1= ﬁxz — X|.dx
0

n?x

3, Tim gia tri 16n nhat, nho nhat caa ham sé f(x) = ! "
Cau 3:(1,0 diém)

Cho hinh chop S.ABC cé ABC la tam giac vuong can tai B,

AB=a, SA L (ABC), SA=2a Goi H, K lan lugt la hinh chieu vudng gdc cua A trén SB,

SC. Tinh thé tich caa khéi chop S.AHK theo a.

trén doan [1;63].

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)
Trong khdng gian véi hé toa dd Oxyz cho bdn diém O(0;0;0), A(2;0;0), B(0;3;0), C(0;0;4)
1, Viét phuong trinh mat cau ngoai tiép tir dien OABC.
2, Viét phuong trinh duong thang d di qua O va vudng goc voi mat phang (ABC)
Cau Va: (1,0 diém)
3
Tinh (_ %+ 3 iJ

2

2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau IVb: (2,0 diém)
Trong khdng gian véi hé toa dd Oxyz cho bdn diém O(0;0;0), A(2;0;0), B(0;3;0), C(0;0;4)
1, Viét phuong trinh mat cau ngoai tiép tr dien OABC.
2, Viét phuong trinh duong thang d di qua O va vudng goc véi mat phang (ABC). Tinh
goc gitrad va truc Ox.

Cau Vb: (1,0 diém)
Viét dang lwong giéc cua sé phirc z =1—+/3i

Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkik Hét *kkkkhkhkkkhkikx
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Tai ligu 6n thi tét nghigp

PESO11 ‘
(Thot gian lam bai: 150 phut khéng ké thoi gian giao de)

A.PHAN CHUNG CHO TAT CA THI SINH. (7,0 diém)
Cau 1:(3,0 diem)

Cho ham sé y = —%x“ +2x2 (1) ¢6 db thi 1 (C)

1, Khao sét sy bién thién va vé d6 thi (C) ctia ham sé (1).

2, Bién luan theo tham s6 m sé nghiém caa phuong trinh: x* —8x?—4+m =0
Cau 2:(3,0 diém)

1, Giai phuong trinh log, (x* —3)—log,(6x—10)+1=0

1
2, Tinh tich phan 1= [ (2x+1)e™dx
0

3, Tim gia tri 16n nhat, nho nhat caa ham sb y = 2x® +3x? -2 trén doan [-1;5]

Cau 3:(1,0 diém)
Cho hinh chép S.ABCD c¢6 day la hinh vudng canh a. SA vuéng goc véi mat phang day
. Tinh thé tich caa khdi chop S.ABCD biét goc giita hai mat phang (SBD) va (ABCD)
bang 60°

B. PHAN TU CHON (3,0 diém) . .
Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)
Trong khdng gian véi hé toa dd Oxyz cho hai mit phang (P):x+y+z—3=0 va
(Q):2x—y+3z-4=0
1, Chting minh rang hai mat phang (P) va (Q) cat nhau
2, Viét phuong trinh duong thang d 12 giao tuyén caa (P) va (Q).
Cau Va: (1,0 diém)

6
Tinh (LﬁiJ
2 2

2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau IVb: (2,0 diém)
Trong khong gian vai hé toa dd Oxyz cho duong tron (C) 1 giao cia mat cau
(S):x® +y? + 2% —4x+ 6y + 62 +17 = 0. v6i mat phang (P): x—2y+2z+1=0.
1, Tim toa do tdm va tinh ban kinh ciia mat cau (S)
2, Tim toa d6 tdm va tinh ban kinh cua duong tron (C).

Cau Vb: (1,0 diém)

X?+2x+m-1
Xx+1

bién trén tirng khoang xac dinh

Chohamsé y = Tim tap céc gié tri cia tham s6 thuc m dé ham sé dong

Ho VA ten thi Sinh: .....oeeeeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkhkkkik Hét *kkkkhkhkkkhkikx
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Tai ligu 6n thi tét nghigp

PESO12 ‘
(Thot gian lam bai: 150 phat khéng ké thoi gian giao de)

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)
Cau 1:(3,0 diém)

Choham sé y=x*+2x>-3 (1) c¢6 d6 thi la (C)

1, Khao sét sy bién thién va vé d6 thi (C) ctia ham sé (1).

2, Tinh dién tich hinh phang gigi han bai do thi (C) va truc Ox.
Cau 2:(3,0 diém)

x2=5x+4
1, Giai bt phuong trinh (%) >4

1
2, Tinh tich phan 1= |

0

2X+1
X+ 2

dx

~ Ry A ) A o m A . 1
3, Tim gia tri I6n nhat, nho nhat ciia ham s6 y =sin x—coszx+§,

Cau 3:(1,0 diém)
Cho hinh chop S.ABCD c6 day 1a hinh vuéng canh a, canh bén SA vudng goc vai day.
av14

AC cit BD tai O, biét SO = >

. Tinh thé tich caa khéi chop S.ABCD theo a.

B. PHAN TU CHON (3,0 diém)Thi sinh chi chen mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)
Cau IVa: (2,0 diém)
Trong khdng gian véi hé toa dd Oxyz cho diém M(=3;2;5). Goi A, B, C lan luot 12 hinh
chiéu caa diém M trén Ox, Oy, Oz.
1, Tim toa d6 A, B, C va viét phuong trinh duong thang di qua hai diém A, B.
2, Viét phuong trinh mat phing (P) di qua M va vudng goc véi OM . (O la géc toa do)
Cau Va: (1,0 diém)
Giai phuong trinh 2z° —9z2 +14z -5=0 trén tap sb phuc
2. Theo chwong trinh Nang cao ( ban tw nhién)
Cau IVb: (2,0 diém). Trong khong gian vai hé toa d6 Oxyz cho hai duong thang

d:sy=0 va d,:qy=2-2t
z=-6+t z=8+3t

1, Ching minh rang d, d, chéo nhau

2, Viét phuong trinh duong vudng goc chung caa d va d,
Cau Vb: (1,0 diém)

Giai phuong trinh x* —8(1—1i)x? +63—16i =0 trén tap sb phuc.

Ho VA ten thi Sinh: .......oveeeee e Sé bdodanh: ................
Giam thi coi thi khong giai thich gi thém.

*khkkkhkkikkkik Hét *hkkkhkhkkkhkikx
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Tai ligu 6n thi tét nghigp
) . KY THI TOT NGHIEP TRUNG HQC PHO THONG
BQ GIAO DUC & PAO TAO NAM 2009

PE CHINH THUC Mén thi: TOAN - Gido duc trung hec phé thong
Thoi gian lam bai: 150 phat, khong ké thoi gian giao dé

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)
Cau 1: (3 diém). Cho ham sé y = 2XX +21

1, Khao sat sy bién thién va vé do thi (C) ctia ham so da cho. o

2, Viet phuong trinh tiep tuyen cua (C), biet hé s6 goc cua tiep tuyen bang -5.
Cau 2 (3 diém).

1, Giai phuong trinh 25* —6.5*+5=0

2, Tinh tich phéan 1 :Ix.(1+ cos Xx).dx
0

3, Tim gia tri 16n nhat, nho nhat caa ham sb f(x) = x2 —In(1-2x) trén doan [-2;0]

Cau 3 (1 diem). Cho hinh chép S.ABC ¢6 mat bén SBC 1a tam giac déu canh a, canh bén SA
vuodng goc vai mat phang day. Biet goc BAC bang 120 d6. Tinh thé tich khoi chop
S.ABC

B. PHAN TU CHON (3,0 diém)
Thi sinh chi chen mgt trong hai phan sau (Phan 1 hogc 2).
1. Theo chwong trinh Chuin ( ban co ban)

Cau 4a. (2 diém). Trong khong gian Oxyz cho mat cau (S) va mat phang (P) co phuong trinh
(S):(Xx=1)*+(y—2)*+(z-2)*=36, (P):Xx+2y+2z+18=0.
1, Tim toa d6 tam T va tinh ban kinh ciia mat cau (S). Tinh khoang cach tir tam T dén mat

phang (P). ’ 7
2, Viet phuong trinh tham s6 cua duong thang d di qua T va vudng goc voi (P). Tim toa
do giao diem cuad va (P).

Cau 5a. (1 diém). Giai phuong trinh 8z% —4z+1=0 trén tap sé phuc.
2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau 4b. (2 diém). Trong khong gian Oxyz cho diém A(1;—2;3) va duong thiang d c6 phuong
trinh x+1: y-2 _ z+3
2 1 -1
1, Viét phuong trinh tong quat cua mat phang di qua A va vudng goc véi d.
2, Tinh khoang cach tir A dén d. Viét phuwong trinh mat cau tam A va tiép xdc véi d.
Cau 5b. (1 diém). Giai phuong trinh 222 —iz+1=0 trén tap sb phic.

................. Hét.............
Thi sinh khong dwoc sir dung tai ligu. Giam thi khéng gidi thich gi thém
Ho vatén thisinh: ..., Sé bao danh: .
Chir ky ciagidmthi 1: ..., Chir ky cua giam th12.
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Tai ligu 6n thi tét nghigp

) . KY THI TOT NGHIEP TRUNG HQC PHO THONG
BQ GIAO DUC & PAO TAO NAM 2010

PE CHINH THUC Mén thi: TOAN - Gido duc trung hec phé thong
Thoi gian lam bai: 150 phat, khong ké thoi gian giao dé

A. PHAN CHUNG CHO TAT CA THI SINH. (7,0 diém)
Cau 1: (3 diém). Cho ham sb y:%x3 -gxz +5

1, Khao sat su bién thién va vé d6 thi caa ham sb da cho.
2, Tim tap céc gia tri cua tham sé thuc m dé phuong trinh x° —6x2+m=0 c6 ba nghiém
thuc phén biét.
Cau 2 (3 diém).
1, Giai phuong trinh 2log3 x —14log, x+3=0

1
2, Tinh tich phan 1 = [ x* (x—1)*dx
0

3, Cho ham s6 f(x)=x—2./x%+12. Giai bt phwong trinh f'(x)<0

Cau 3 (1 diém). Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh a, canh bén SA
vudng goc véi mat phang day. Biét goc gitra mat phang (SBD) voi mat day bang 60°.
Tinh thé tich khéi chép S.ABCD theo a.

B. PHAN TU CHON (3,0 diém)
Thi sinh chi chen mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuin ( ban co ban)

Cau 4a. (2 diém). Trong khong gian Oxyz, cho ba diém A(1;0;0), B(0;2;0), C(0;0;3).
1, Viét phuong trinh mat phang di qua A va vudng goc véi duong thang BC .
2, Tim toa d6 tdm mit cau ngoai tiép ti dién OABC .

Cau 5a. (1 diém). Cho hai s6 phuc z, =1+2i, z, =2-3i. Xac dinh phan thyc va phan o cua
s6 phuc z, —2z,.

2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau 4b. (2 diém). Trong khéng gian Oxyz, cho duong thang A c6 phuong trinh
X+1 y-2 743
2 1 -1
1, Tinh khoang cach tir diém O dén duong thang A .
2, Viét phuong trinh mat phang chira diém O va duong thang A.
Cau 5b. (1 diém). Cho hai sb phiic z, = 2+5i, z, =3—4i. Xac dinh phan thyc va phan o cua
s6 phuc z,.z,.

................. Hét.............
Thi sinh khong dwoc sir dung tai ligu. Giam thi khéng gidi thich gi thém
Ho VA ten thi sinh: .....o.veereieeee e, SO b&o danh: ....ooveiiii
Chir ky ciagidmthi 1: ..., Chirky ciagidmthi 2: ...,
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Tai ligu 6n thi tét nghigp

) . KY THI TOT NGHIEP TRUNG HQC PHO THONG
BQ GIAO DUC & PAO TAO NAM 2011

PE CHINH THUC Mén thi: TOAN - Gi4o duc trung hec phé thong
Thoi gian lam bai: 150 phat, khong ké thoi gian giao dé

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)

2x+1
2x-1
1, Khao sét sy bién thién va v& 6 thi (C) ciia ham sé d cho.
2, Xéc dinh toa do giao diém cua do thi (C) véi duong thang y = x +2
Cau 2 (3 diém).
1, Giai phuong trinh 7 —8.7* +1=0

2, Tinh tich phan 1 = [¥X4*31NX g,
X
1
3, Xdc dinh gia tri cua tham s6 m dé ham s§ y = x® —2x? +mx +1 dat cuc tiéu tai x=1
Cau 3 (1 diém). Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang vudng tai A va D Vi
AD=CD=a, AB =3a, canh bén SA vudng goc voi mat phang day, canh bén SC voi

mat day mot goc bang 45°. Tinh thé tich khdi chdp S.ABCD theo a.

Cau 1: (3 diém). Choham sé y=

B. PHAN TU CHON (3,0 diém)
Thi sinh chi chen mgt trong hai phan sau (Phan 1 hogc 2).
1. Theo chwong trinh Chuin ( ban co ban)

Cau 4a. (2 diém). Trong khdng gian Oxyz, cho diém A(3;1;0) va mat phang (P) c6 phuong
trinh 2x+2y—z+1=0
1, Tinh khoang cach tir A dén miat phang (P). Viét phwong trinh mat phang (Q) di qua
va song song voi mat phang (P).
2, Xéc dinh toa do hinh chiéu vudng goc cta diém A trén mat phang (P).

Cau 5a. (1 diém). Giai phuong trinh (1—i)z+(2—i)=4-5i trén tap sb phuc.

>

2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau 4b. (2 diém). Trong khong gian Oxyz, cho ba diém A(0;0;3), B(-1;—2;1), C(-1;0;2)
1, Viét phuong trinh mat phang (ABC)
2, Tinh d¢ dai duong cao cua tam gidc ABC ké tur dinh A.

Cau 5b. (1 diém). Giai phuong trinh (z—i)?+4=0 trén tap s6 phuc.

................. Hét.............
Thi sinh khong dwoc sir dung tai ligu. Giam thi khéng gidi thich gi thém
Ho VA ten thi sinh: .....o.veereieeee e, SO bao danh: ...oooveiiiii
Chir ky ciagidmthi 1: ..., Chirky ciagidmthi 2: ...,
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Tai ligu 6n thi tét nghigp

) . KY THI TOT NGHIEP TRUNG HQC PHO THONG
BQ GIAO DUC & PAO TAO NAM 2012

PE CHINH THUC Mén thi: TOAN - Gido duc trung hec phé thong
Thoi gian lam bai: 150 phat, khong ké thoi gian giao dé

A. PHAN CHUNG CHO TAT CA THIi SINH. (7,0 diém)

Cau 1: 3 diém). Cho ham s y = f(x)=%x4 _2x2.

1. Khao sat su bién thién va vé d6 thi (C) caa ham sé d4 cho.

2. Viét phuong trinh tiép tuyén cua (C) tai diém c6 hoanh do x, biét f'(x,)=-1.
Cau 2 (3 diém).

1, Giai phuong trinh log,(x—3)+2log, 3.log, x=2

In2

2, Tinh tich phan 1= [(e*-1)*.*.dx
0

_ 2
3. Tim céc gia tri ciia tham s m dé gia tri nho nhét ciia ham s6 f(x)= # trén
X+
doan [0;1] bang -2.
Cau 3 (1 diém). Cho lang tru dtng ABC.A'B'C' c6 ddy ABC la tam gi4c vudng tai Bva
BA=BC =a, gdc gitra duong thang A'B vé&i mit phang (ABC) bang 60°. Tinh thé tich
khéi lang tru ABC.A'B'C’ theo a.

B. PHAN TU CHON (3,0 diém) . .

Thi sinh chi chgn mgt trong hai phan sau (Phan 1 hogc 2).

1. Theo chwong trinh Chuan ( ban co ban ) 7 7

Cau 4a. (2 diém). Trong khdng gian Oxyz, cho cac diem A(2;2;1), B(0;2;5) va mat phang (P)
CO phuong trinh 2x—y+5=0
1. Viét phuong trinh tham s cta duong thang di qua hai diém A, B.
2. Chirng minh rang (P) tiép xuc véi mat cau duong kinh AB.

Cau 5a. (1 diém). Tim cac sb phic 2z+ z va ? biét z = 3-4i

2. Theo chwong trinh Nang cao ( ban tw nhién)

Cau 4b. (2 diém). Trong khong gian Oxyz, cho diém A(2;1;2) va duong thang A ¢ phuong
trinh x=1_y-3_ z
2 2 1
1. Viét phuong trinh duong thang di qua O va A.
2. Viét phuong trinh mat cau (S) thm A vadi qua O . Chung minh rang A tiép xUc Voi
mat cau (S).

1+9i_

Cau 5b. (1 diém). Tim cin bac hai cta sé phic z = 5i .

Thi sinh khong dwoc sir dung tai ligu. Giam thi khéng gidi thich gi thém
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